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2
cot a .
=SB=a || 1+ ZB =— \/sm20c+cot2[3.
sin“ o smnao
acotf
2cos > cot.sin hd
2 2

Tu (*) = singp= = - —
\/sinzoc+cot2[3 \/sin a+cot”

sina
Bai 4 Goi M,N 1an luot la trung diém ciia BC,BA. H =AM NCN.
2

1. Dién tich day ctia khoi chép S.ABC 1a Spgc = %a.a.sin 60° = 2 4;/5

2 a\/§

Vi H ciing la trong tdm cua tam giac ABC nén HA = §AM =—.

3
a’ 1 TR
Do d6 SH2=SA2—AH2=b2—?:>h=—3 3b% —a?.
2 [an2 o2
Thé tich ctia khbi chép 1a V:%SH.SABC:aB’I#.
2
2. Dién tich ddy S,ac = #. s

Vi SH 1 BC,AM 1 BC nén BC L(SAM), do
dé goc gitta mat (SBC) va mat day la goc gitra
hai duong thing MA,MS. Do SHM =90° nén
a=(MA,MS)=SMA.

1 a3

Tacd HM :EAM =—

6
NG

nén SH :HM.tana:aTtan o

a’tana
—

3. bat AB =x. Xét tam giac vuong SAN ta c6 SN = AN.cot g =

Thé tich khdi chép 1a V =

ootE.
2

X
>
Trong tam giac vuong SHN : SN? =SH? + HN?, nén
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2
2
X t2%:h2+(x 3] X 24/3.h

° 3cot2 P _1
\ 2
2 2
Dién tich ddy Sage = = 3 _ 343h%
4 3eot2P g
2
3
Thé tich khéi chop 1a V = 1sH Spsc = */5—'“.
3 300t22—1

4. Vi hinh chiéu cia S 1én mit day 1a H nén géc giita canh bén va mat day la
¢ = SAH. Trung doan cua hinh chop 1a SM =d. bat SH =h.
Tacdo AH =SH.cot p=h.cot o = HM =%AH :%h.cot Q.

Tam gidc SHM vuéng tai H nén SM? =SH2 + HM?, hay

1 2d

h?+—-h%cot’p=d? > h=——+——.

4 J4+cot? o
2dcote  ABY3 4d cot ¢

Suy ra AH = = = AB = , nén dién tich day

Ja+oot2e 2 J3(4 + cot? )
AB2\3  43d?cot? ¢
4 3(4 +cot? )

3 3
Thé tich cta khéi chép 1 V = ~h.Syge = —00 L @
3 9/(4 + cot? ¢)°?

cua khoi chop S, =

Bai 5
1. Goi M 1a trung diém cua BC. Vi cac tam giac SBC,ABC 1a tam giac déu nén
SM L BC,AM L BC = SMA =(SBC),(ABC)=60°.

Tacéo SM =AM = a nén tam giac SAM 14 tam giac déu.

Goi H 1a trung diém canh AM =SH 1 AM ma BC L SH nén SH
1a dudng cao ciia khéi chép, nhung SH ciing 1a dudng cao cia tam gidc déu

SAM nén SH =3Y3 ¥3_3, N
2 2 4
Vay thé tich khdi chép SABC 1a

VOI\D!'\ = SH .SI\D{'\ =
SABG ABG

ﬁa"’.
o

1
Group: https: //www facebook. com/groups/tallleutLZUhC/ athgs/

A ~~~~~~~ C
i




Truy cip website: hoc360.net dé tai tai liéu dé thi mién phi

Mat khac, tam giac SAC ¢6
CS—CA—a,SA :%

Suy ra dién tich cia tam giac SAC la

2
Sacs = 1sa.[scz - SA” :@az.
2 4 16
Vay khoang cach tir diém B dén mit phang (SAC) la:
d(B,(SAC)) = SVsane _ 313 a.

Spes 13
2. Vi BC L (SAB) nénAH | BC
AH L (SBC)=> AH LHK,AH LSC

ma AK L SC = SC L (AHK).
Vay Veanx =%SK.HA.HK.
Tacé AH =—AB'SA =2—a.
SB s
Ak _ ACSA _ 2\/§a’
sC 3
HK =JAK? —AH? = 38 ok 42
35 3

v, _l4az 8 32,
SAK 673 /5 3/5 135

Mit khéc SH =+/SA? — AH? _ % 5 nén Sans 4
J5 5
Vay khoang cach can tim 1a: d(K,(SAB)) = Q’SVKA _8.a

AHS 9
3. ( Ban doc tw vé hinh )

Goi M,N 1la trung diém cua BC,BA. H,K 1a
hinh chiéu cia S,C’ xudéng mit phing

V3 o, _a15

(ABC). SA =22
2 6

,SH

3
va thé tich khéi chép SABC 1a V =2 V5

T
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Tam giac C'AB cantai C' vaC'N =+/C'K? + KN? :ga

N J7

. Vi thé d(C,(C'AB)) = 3VC.C’AB _ 3V
SC'AB ZSC’AB

hay khoang cach can tim 13 d(C,(C'AB)) = a;/?.
Bai 6
1. ( Ban doc tu vé hinh )
R& rang (SHM) L AB nén SMH =60°.
Tac6 MH :% nén SH = MH.tan 60° =?a.
1 1 1 NG
Saon =5 AD.CN = Za2 = Veanc = 5sH Spcn = Ea?
Ha HK LAC=SK L AC.
HO a
Tam giac OHK vuong can tai K nén HK =—==——
= SK :@a,sACS =£a2. Tacé d(N,(SAC)):?’VN—ACS
8 8 Shcs
J21

nén d(N,(SAC)) = Wa.
2. ( Ban doc tw vé hinh )

Vi M 1a trung diém cua SC
nén OM //SA,MS=MC do do:

d(SA,BM) = d(SA,(OBM))=d(S,(OBM))=d(C,(OBM)) = 3\/;&

OMB
Ta cé OC:%AC:Za nén OB =+/BC? -0C? =a

= Sosc :%OB.OC —a’.

Goi N 1a trung diém caa OC thi MN //SO nén MN L (OBC) va

1 1 V2

MN :;SO=a\/§. Do d6 Vi oac =7 MN.Spac =~-a
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Ta cd SA =+/S0O? + OA? :2\/§a nén OM :\/g.a.

Tam giac OMB vuong tai O nén

V3 2.6

Soun =%.OB.OM — % = d(SA,BM) - Vooms _ 2V6

SOMB 3
Vay khoang cach gitta SA va BM la ia

3.

Vi cidc mat bén nghiéng trén day mot
gdc ¢ va chan duong cao | nam
trong hinh thang ABCD nén | 1a
tdm duong tron noi ti€p hinh thang.
Goi tiép di€m cua nd vdi cac canh M
la M,N,P,Q (hinh v&). Ta cling ¢6 4
SNI =¢ Of~— b
nén Sl =IN.tan ¢ =r.tan ¢. L

IB,IC 13 phin gidc cia hai goc ké *BTC< 90° = BC = 5a,
2
IN=122 gy 1B _T0a N
5 BC 5 5
Tir cac hinh vuong AMIQ, QIPD tacé AD =2r —2—:3
28a 21a 588a° 2352a°
AB = ? DC= ? = SABCD = T = VS.ABCD = Ftan
2
Ma Spcp = % nén S,cg =Sagcp —Sacp = 336 a?, do dé
1 1344
V =—SH.S,; = a’.tan
S.ABC 3 ACB — 125
2
Theo cong thirc hinh chiéu Sy = Seci _ 63 nén
COS(Q COSQ
d(A.(SBC)) = 3V, sac _672a.sin ¢
Sacs 125

Bai 8
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Pit canh ciia hinh vuéng ABCD 1a x,x >0 va goi E 1 trung diém cua canh
CD. Khi d6

Trong tam giac vuong SEC, SE =DE.tanSCD = %tana (D).

2
Trong tam gidc vuong SHE, SE? =SH? + HE? =h? + XZ (2).

x> o » X X 2 2

Tu (1) va (2) suy ra Ztan a=h +Zc>z(tan a—l):h
<:>x2——4hz <:>x——2h
tan” o —1 Vtan® o —1

Dién tich xung quanh cua hinh chop S.ABCD .

2
S,y =4Sgcp =2CD.SE = 2x.§ tano, = x> tano = M .
q 2 tanZ o —1
3
Thé tich ciia khéi chép S.ABCD :V =25, . 0 SH=2x?h=— 4
3 3 3 (tem2 o— 1)

Bai todn c6 nghia <:>tan20c—1>0©tanoc>1c>£<oc<g.

2.Tinh d(SH, CT).
Goi K 1a trung diém cua HD , ta ¢6 IK 1a duong trung binh trong tam giac SHD
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= 1K // SH= (CIK) / SH = d(SH, CI) =d(SH, (CIK )} =d (H, (CIK)).
Dung HJ L CK, (]eCK) , khi @6
HJ L CK
{H] LIK (doIK / SH=IK L (ABCD))
= HJ =d(H,(CIK)) = d(SH,CI).
Trong tam gidc vuong CHK ,

= HJ 1 (CIK).

Ct 2 2 2 2 2
CK? =CH? + HKZZ(X\/EJ +[X\/E] _X x5
2 4 2 8 8
J — ck =10
4
H D HJ.CK =CH.HK
K x\/E x\/E
CHHK 5 a1  x hy10
=HJ= = = = .
CK x\/10 V10 5 (tanzoc—l)
4
hy10

Vay d(SH,CI)= :
5, /(tan2 o= 1)
3.Tim tap hop hinh chiéu vuéng géc cta S 1én mat phang (MAB) .
{M e(MAB)~(CSD)

AB // CD
Vay thiét dién ciia (MAB) va hinh chop S.ABCD 1a hinh thang ABNM .

Goi G la giao diém cia MN va SE,F 1a trung diém cua canh AB, theo tinh chét
cua hinh vuéng , tacé EF 1 AB va H la trung diém cua EF.
Dung SP vuong goc voi FG(P e FG), ta c6

AB L EF
{AB 1 SH

{SP L AB

= (MAB)~(SCD)=MN // CD // AB (N eSD).

= AB L (SEF)= AB LSP.

= SP 1 (MAB).
SP L FG

= P 1a hinh chiéu vuéng géc ciia S 1én (MAB).
Trong mit phing (SEF),SPF =90° nén P thudc duong tron (C) duong kinh SF
chira trong mat phing (SEF) .
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Gidi han .
s Khi M di dong trén doan SC thi
G di dong trén doan SE .
(C) P 1a giao diém thu hai cua FG
voi (C) do do
Khi G=S thi P=S.
Khi G=E thi P=H.
Khi G di dong trén doan SE thi
P P di dong trén cung nhé SH cua
(C).
Vay tap hop cua P la cung nho
cua duong tron (C) .

Bai 9

1.Thé tich khi chép S.ABC.

Goi E la trung diém ctia canh BC
va O latdm cua day ABC. Theo
tinh chét cua hinh chép déu , ta co
SO L (ABC),SE L BC,OE 1L BC,

suy ra SO la dudng cao cua hinh a
chép va
((SBC),(ABC))=SEO=a.
Goi canh cua day ABC la x(x > 0)
Khi do

1 1 x\/g x\/g E

OE=—AE=-2Y2 X2
3 32 6

OC:E_&:&
3 2 3
R N x3
Trong tam giac vuong SOE (vudng tai O), SO =OE.tana =Ttanoc (1).

Trong tam giac vudéng SOC (vudng tai O ),

2 2
SO? =SC2 —0C2 = a2 - X3 -a2-X .
3 3

x>, 2 XX 2 2
Tﬁ(l)vé(Z),tacé:Etan a=a —?:—z(tan a+4):a
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,  12a2 2a\/3

=>X =———— =Xx=
tan” o +4 Jtan? o + 4
2 3
Thé tich khéi chép S.ABC:V :1SABC.SO:1.X 3 .ﬁ.tanoc _X.tana
3 3 4 6 24

24\/§.a3 tana a3\/§ tano

3 3
24\/(tan2a+4) \/(tanz oc+4)

2.X4c dinh o dé V dat gid tri 16n nhat.

tan2 o

dat gid tri 16n nhit < i 7 3 3 dat
(tan2 oc+4)3 (’can2 a+4)

V dat gia tri 16n nhat < fana

gi tri 16n nhat.
tan? o 1 tan?a 2 2

3 4 .2 2 2
(tan2a+4) tan“a+4 tan-a+4 tan-a+4

Ta cé:f(a)=

Ap dung bét ddng thirc Cauchy cho ba s duong

tan? o 2 2

5 , ta duoc

tanZo+2 tan®o+2 tan®o+2

3
f(a)caichyl 1 tan? o . 2) N 2 1
4|3l tan?0+4 tano+4 tanZo+4 108

Ding thirc xay ra khi va chi khi

2
tan 2
5 * _ 7 <:>tan20c:2©tanoc=\/2<:>oc:arctan2.
tan“a+2 tan“o+2
3 / 3
A 3 . N 9 .
Viy maxV = 3 7 dat duoc khi va chi khi o =arctan2.

V108

3.X4c dinh o @& hinh chép S.ABC tré thanh tir dién déu.
Hinh chép tam gidc déu S.ABC la tir dién déu < canh bén bang canh

2ax/§
tan® o, +4
So= arctan(Z\/z)
Bai 10
1. e Tinh Vg 450

day<a=x<a= otan’o+4=12 < tan® 0 =8 < tana =22
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Tacé: AB=a, BC=aJ2 va

AC? = SA? + SC? —2S5A.SC.cos ASC = 2a° + a* = 3a°
Suy ra AABC vudng tai B. Goi H 1la S
trung diém BC, tacd H la tdm duong

tron ngoai tiép tam gidac ABC. Ma

SA=SB=SC—= SH 1 (ABC)

F
SH:,/SAZ—A—CZ=3
s 2

B
Ve rne = L SH.S e = 128N2_ a2
S.ABC 3 ““AABC 32 2 12 -

e Tinh o = (AB, CE) va d(AB,CE)
Goi F la trung diém cia SA, suyra EF / /AB = (AB,CE) = (EF,CE)
AB | (CEF)= d(AB,CE)=d(AB,(CEF))=d(A,(CEF))=h

Ta co: EF:E:E,
2 2

CE = scz_S_Bzzé'_Jg CF_\/Z(CSZ+CA2)—SA2 a7
4 2 T 2 ==

3a° a° 7a°
CE? +CF2-EF? 4 Y73~ 4 21

Suy ra cos CEF = -
y 2CE.CF , a3 a7 14
22
Do do COSO{=@:>az71O
14
. 1 3
Taco: Vs cer =7 Vsasc = Veaser = 7 Vs.ase
1 1 a’\2

Matkhac S\arp = 2S\gre = Vpcer = 3 VCABEF =7 Vs.aBc = 18
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