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Vi du 1: Tim giéi han caa day (un) biét:
a). un=\/n2+3n+5—n b). un=\/9n2+3n—4—3n+2
C). un:\3/n3+3r12 -n d). un:38n3+4n2+2—2n+3
e). u, =\/4n2+3n+7—%/8n3+5n2+1 f).lim(\/n4+n2+1—%/n6+l)

LOI GIAI
2 2
(\/n +3n+5—nj(\/n +3n+5+nj
a). Taco u, =yn*+3n+5-n= = 3n+5 .Vacé
n? +3n+5+n n? +3r1+5+n

3n+5=n [3n+5] (3+—] va Vyn? +3n+5 = ’ 2 n’ +3n+5 /1+ +—
n n

5
- 3+ 3 5
, Vi hm——O lim—=0 va lim—-=0.Nén limu,

n n2
n 1+ +—+n 1+— +—+1
n p? n p?

NHAN XET : Tai sao phai nhan lwong lién hop ?
Quay lai vi du a) thong thuong ta dit n* lam nhan tir chung nhung sao lai phai nhan luong lién hop. Bay

U-)

Do do6 u, =

I\)

gio ta thir 1am lai cu a) theo phuong phap dit n* trong cin thitc thit xem sao ,va sau d6 rit ra nhan xét.

Tacéu, =vyn®+3n+5-n= { 2 n’ +3n+5 =n /l+ +——n— [f1+ +i—1] Vi
n n n I‘l2
hmi—hmi—o nén hm[ +2 +——1J 0 va limn =+ do dé limu, =+w.0 (day la dang vo
n n? n pn?

dinh). Nén cach lam nay khong la khong duwoc roi, ta phai sit dung phuong phap nhan luwong lién hop dé
khtt v6 dinh sau dé cach lam hoan toan nhw dang 1.

D4u hiéu nhan biét nhan lugng lién hop : D€ nhan biét mdt bai tap c6 nhan luong lién hop hay khong
cac ban chi cht y téi n 6 mii cao nhat sau d6 dua ra ngoai d&du can thitc, néu chting trir nhau bang 0 thi

bai nay ta phai nhan lugng lién hop. Cu thé ta lam lai cau a) u, =vVn*+3n+5 —n biéu thiic trong can
thitc c6 n? 1a cao nhat va ta quan tim dén « n6 », nhitng thita s& sau boé hét c6 nghia xem

u, = \/1172 —-n=n-n=0 (nén cac ban phai nhan luong lién hop). Ching ta xem th bai nay c¢6 nhan
luong lién hop hay khéng u_ =+2n”+3n+5 —n chiing ta ciing quan tdm dén s& hang c6 chita mii 6
nhat d6 1a 2n?, ¢6 nghia u_ dwocviétlai u, = \/E—n =nv2-n= n(\/a—l) ta céd \/5—1 #0 nén bai

nay duoc lam truc tiép khong can nhéan luong lién hop. Cu thé bai nay ta 1am nhu sau

2
un:\/2n2+3n+5—n: n’ 2n+3n+5 -n=n 2+3+i—n:n 2+§+i—1 do
n’ n n? n n?

1im3=1im%:0 nén limt 2+§+%—1]:\/E—1 va limn =+ do d6 limu, =+OO.(\/§—1)=+OO (cu
n n n n

thé cac ban xem phuong phap tim giéi han day sd cé gidi han vo cuc).
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Vn?+3n-4-3n|[Y9n?+3n-4 +3n
3n-4
+2.Ta

b). u, =v9n>+3n-4-3n+2= +2 =
\/9n2+3n—4+3n \/9n2+3n—4+3n
J— 2 —
c6 3n-2=n sn-2 =n 3—E va V9n®+3n-4 = |n’ on” +n-4 =n 9+i—i.Tt‘rdésuyra
n n n2 n n2
n(3—2j 3_3
n n . 2 .3 L. 4 N
u, = +2= +2,vilim—=0, lim—=0 va lim—=0.Nén
3 4 3 4 n n n’
n,9+——-—+3n 9+———+43
n n2 n n2
3-0 1

limu, =———=—
N9+0-0+3 2
2
(\3/r13 +3n2 —n) (%/n3+3n2j +r1.i°’/r13+3r12 +n?

o).u, =Yn®+3n® —n= 5
(\3/n3 +3n? j +1r1.\3/r13 +3n?% +n?

2 ’ 3 2
= 23n .Ta céd \/3n3+3n2:3n3(%]:n.31+§.Dodé
\/ n
(§/n3+3n2) +n.3/n3+3n2 +n? \

2
3n - 3 ,tacd lim> =0.Nén limu,_ =1
n

u. =
n 2 2
nz[«3/1+3] +r12.43/1+g+r12 [13/1+3J +43{1+g +1
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d). u, = J8n® +4n%+2 -2n+3
2
(\3/8n3 +4n? +2 —ZnJ{(%/Sns +4n? +2) +2n3/8n° +4n2 +2 +4n2}
+3

= 2
(\3/ 8n® +4n” + 2) + 2n.\3/ 8n +4n% +2 +4n?

2
4n“ +2 L3

- 2
(\3/8n3+4n2+2) +2n3/8n°% +4n? + 2 +4n?
3 2
Ta co \3/81r13+4r12+2=3n3 w :n38+é+i,Doc’[é
n3 n n3

n2(4+2j 4-|-72 5
n n Vi lim—=- =0,

U, = 2 = 2
n’ 38+é+i +2nz.38+é+i+4n2 38+é+l +2.38+é+l+4
n n3 n n3 n 1'13 n I'l3

limi=0 va limia:O . Nén limun =
Jan? +3n+7 —2nj+(2n—\3/8n3 +5n2 +1j

n n
e). u, =v4n? +3n+7 —Y8n> +5n% +1 =

A~ W[~
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3+Z

e Tinh lim(\/4n2+3n+7—2n)=1im Sn+7 ~lim n _3
V4n? +3n+7 +2n 4+E+l+2 4
n n2
e Tinh lim(Zn - \3/ 8n° +5n° + 1)

2
(2n—x3/8n3 +5n2 +1){4n2 +ondsn® +5n% +1 +(€’/8n3 +5n2 +1j }

=lim

2
4n? -1—2r1.%/8n3 +5n% +1 +(§/8n3 +5n2 +l)
p— 2 p—
_lim o -1 1)
2
an? +2n8n +5n% +1 +(%/8n3 +5n2 +1)

3 2
C6 Y8n® +5n2 +1 = 3/n° 8n+—53“+1 =n.3/8+§+i3
n n n

nz(—S—lzj
Nén (1) < lim 4 :
4n? +2n238+ 2+ L on? g8+l
n n’ n n’
1
5__—
2
=lim IL 2=—%.
4+2.38+§+i+ 38+§+i
n p? o P

Tir 46 suy ra limu,, =%_%

f). Iim(\/n4 +n?+1 —i’/n6 +1)=lim{(@—nz)—(m—nzﬂ

-
=

n2+1 1+i2 1
e Tinh lim(\/n4+n2+1—n2) =lim[ J:Iim S | S =7

\/n4+n2+1 +n?

e Tinh lim(\/3 n®+1-n?)=lim ! =0
Y +12 +n2Y(0® +1) +n*

Do do lirn(\/n4 +n?+1 —%/n6 +1j :%.

Vi du 2: Tim cac gidi han sau:

\/n2+n—n 2n—\/4n2+n

a). lim—— 01 b). u, =

4n% +3n -2n ! n+\3/4r12—n3

). lim(2n—\/9n2+n +\/n2+2n) d). Iim(\/nz—Zn +2§/n2—8n3 +3\/n2 +n)

LOI GIAI
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(i om—n)(dhm n)

n 1 \
> = = va
n+n+n n4/1+l+n 4/1+l+1
n n

(\/ 4n® +3n — 2n)(\/4n2 +3n + 2n)

3n 3
= = = :
v4n® +3n +2n n‘/4+§+2n ‘/4+§+2
n n

4+§+2 5
Do d6 1imun=1im—“=§.

3(\/1+71+1]
n
2n—+/4n%+n
Ta cé 2n—+/4n*+n
(2n—x/4n2+n)(2n+\/4n2+n) n 1

2n++v4n% +n 2r1+\/4n2+n 2+\/4+1

n

(n+3on? 0 )[nz ol —o +(dfan o ﬂ

2
n? —n.{’/4n2 -nd +(%/4r12 —n3j

4n? 4n?

a). Tacé yn*+n-n=

4n% +3n -2n =

b). lim

R 3f
va n+¥4n% -n® =

Do d6 limu, =lim- =——.

). u, :2n—\/9n2 +n +\/n2 +2n :(3n—\/9n2 +n)+(\/n2 +2n —n).
(3n—\/9n2 +n](3n+\/9n2 +n)
(3n+\/9n2 +n)

Tinh lim(3n—\/9n2 +n) =lim
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-n -n
3n+49n” +n ; 2[9n2+n]
3n+ |n
2
n
im0 im0 fim— %

3r1+r11/9+l n[3+‘/9+1] 3+‘/9+l
n n n
(\/nz +2n —n)(\/nz +2n +n) on
Va lim[\/n2 +2n —nj =lim

\/n2+2n+n \/n2+2n+n

2

n
2(n2 +2nJ
/n 5 +n
n
1

Do d6 limu, :—g+1:§.

=lim =lim =1.

2n
n1/1+g+n n[,f1+2+1J 142 41
n n n

d). u, :\/n2 —-2n +2%/n2 —-8n° +3\/n2 +n :(\/n2 —2n—n)+(23 n? —8n’ +4n)

+(3 n2+n—3n) :(\/n2—2n—nj+2(\3/n2—8n3 +2nj+3( n2+n—nj

2 2
( n —2n—nj( n —2n+n)
e Tinh lim(\/n2—2n—n)zlim =lim —2n
n?-2n+n vn?-2n +n
\/nz(

—lim——2  —lim—— = lim —1.
J+n n\/l—rzl+n n[R+1J \/1_r21+1
e Tinh lim| Yn? -8n° +2n)
(\3/n2 —8n° +2n)|:(\3/n2 —8n° )2 -2n3n? -8n° +4n2}
(3 n?-8n’ )2 —2n3/n? -8n® +4n?

2
= lim L 1)

2
(\3/n2 -8n° ) —2r1.\3/r12 —-8n° +4n°
2

2
f R 2
Co \3/r12—8r13 =3n® (%J =n.3,}l—8 :>(\3/n2—8n3j =n? (3 1—8]
n n n
2
Do d6 (1) & lim - = lim =—.

T ) E T ) i 12
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n n n n
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-2n
n2-2n
n2
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(\/n2 +n —nj(\/nz +n +nj

e Tinh lim(\jn2+n—njzlim =lim n
\/n2+n+n \/n2+n+n
=lim n =lim n =lim n =lim 1 =l
n%+n 1 1 1
n? +n n,l+—+n n| 1+ +1 1+—+1
2 n n n
n
Tt d6 suy ra limu, :—1+i+l:—i.
12 2 12
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