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1. Vi Be Oy = B(0;b,0) = OB = 20A < b*> =36 < b = 16
. b:6:ﬁz(2;4;—1) nén phuong trinh A:gzy;:—

y+6 z
-8 -1

o b=-6= AB = (2;-8;—1) nén phuong trinh A :g
2.Tacod C(2+43-2t-1+1)= OC=(2+13-2t-1+1),0B = (1;1,2)

Suy ra [ OB, OC | = (5t ~7;t+51-3t) = S0 = %}[@, oc|

Do d6
4

‘[@,073]:J@c(5t—7)2+(t+5)2+(1_3t)2 “83 s t=2t=— o

e t=2= C(4;-1;1) = BC = (3,2, -1), phuong trinh
x=1 _ y-1 z-2

A
3 -2 -1
° t:—i:>C @’m’_g :?: E’E,_@ ,
35 35 35 35 35 35 35

phuong trinh A : x-1_y-1_2-2
31 78 109

Bai 7
1. Puong thang A4 qua diém M,(1; =1; 0) vacod E =(2;1; —1). Buong

thing A, qua diém M,(3; 0; 1) vac6 TAZ' = (-1; 2 1).
H¢ phuong trinh trong giao cua A4 va A, la:

-1+t =2t, < t1—2t2=1<:>{ B

ty, =

Do d6 hai dudng thing cét nhau tai diém /(3; 0; —1).
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Ta co [E @} = (3; - 1; 5) nén phuong trinh mit phang chira hai duong
thang A, va A, 1a 3x— y+5z-4=0.

2.ViMeAynén M(1+2t;, -1+t —1t).

Tacé: MM (2t -2 —1+t1-1), [MZM, qu} —(3t-3 1—t 5t—5).

Do d6

(M. A )J[MZ—M’ UAz] :\/(Bt—3)2+(1—t)2+(5t—5)2 =|t_1|\/§_
i a,, V)2 +22 142 6

Theo gia thiét ta c¢6 |t—1|\/3;5=@@|t-1|=2@[:i1.

Tir d6 ta ¢6 toa d6 diém M can tim 1a M (7; 2; —3) hodc M(-1;—2;1).
3. Hai dudng thing cit nhau tai /(3; 0; —1).
X¢ét hai diém thudc hai duodng théng la A(1; —1; 0), B(2;2;0).

Taco A2 —1: 1), ‘ﬁ‘ —J6 va IB(-1; 2. 1), ‘E‘ — J6 nén véc to don vi

cua Ay va A, lan luot 1a:
@:E:[_i._L.L] %:E:(_L.L.LJ
RS R A T AN )

Phén giac clia cac goc tao boi hai duong thing la duong thiang qua | va co

véc to chi phuong 1a € + &, :L—j_; 1.2 )z 1 (-3; 1; 2), hodc
6

Ve J6) 16

(1; 3; 0).

& -& =[—%;—%; oJ:_%

Vay phuong trinh tham s ciia cac dudng phan gidc can tim 13
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x=3-3t X=3+1

y=t , 1y=3t (teR).
z=-1+2t z=-1
Bai 8

1. Giai theo hai cach. 7

Cach 1: Vi A di qua dicm A(2; 0; 3) va vudng goéc voi A, nén A thudc mat
phang (o) qua A,(a) L A, c¢6 phuong trinh x +2y —z+1=0.

Goi A'=AnA, thi A'=(a)nA; nén toa d§ cia A’ thoa man hé phuong

X-1 y+1 z+2
trinhy 1~ 2 -1 :>A'(§;—§;—%).
X+2y-z+1=0
. i 4. 5 13 n : S
Ta ¢c6 AA'|——; —=; —— |=—=(4; 5;13) nén phuong trinh chinh tic cla
3 3 3 3
x-2 y z-3

duong thang can timla A: =—==2 = :
4 5 13

Cach 2: Goi A'=AnA, thi A'(1+t; -1+2t; -2-t).
Taco AA(t-1;2t -1, -t —5). Ma A L A, nén AA’d, =0, hay

t—1+2(2t—1)+t+5:0c>t=—1.
4 1 R . . . 2
Do d6 AA’ 5, ——; -— —5(4; 5; 13) nén ta cé phuong trinh duong thang
AlaA: =——ﬁ
4 5 13

2. A thuéc mat phang (B), v6i (B) di qua B(1; —1;1) va (B) Ld, nén (B) c6
phuong trinh 1a 2x +3y +z=0.
Goi B'=And, thi B'=(B)nd, nén toa d0 cia B’ thoa man hé phuong
X-2 'y z+3
tinhy 1 -2 3 =B'3;-20).
2x+3y+z=0

Vi ﬁ;(Z; —1; —1) nén phuong trinh chinh tic cia A la
X-1 y+1 z-1
2 1 7
3. Vi A song song (Q):5x+2y+7z+7=0 nén A thudc mat phang (P) qua
C(0; —4; 0) va (P)/(Q).
Phuong trinh-matphing (P} Bx+2y +7748-9
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Goi C'=And, thi C'=(P)nd nén toa d0 cuia C' thdéa man hé phuong
x-1 y-5 z

trinh{ 2 3 1 =C(-1 2 -1).
SX+2y+7z2+8=0
Vi CC' (—1; 6; —1) nén phuong trinh chinh tic cia A 1a

A X_Yt4_z
1 -6 1
Bai 9

1. Géc gita duong thing A va (o) 1a 30°%. Piém A(-1; 0; 4).
Tacéd B(=3+2t; —1+t;3+t) va AB=+/6 nén B(-3; —1; 3) hoic
B(1; 1; 5). Vi BA =2BC =+/6 va ABC =60° nén tam gidac ABC vudng
tai C. Suyra BAC =30° do d6 diém C 1 hinh chiéu cua diém B
trén mit phang (o). Tlr d6 ta tim duoc hai diém C twong Gmg véi hai
diém B ¢ trénla C —§; 0; § hoac C 1; 0; ﬂ \
2 2 2 2
2.Vi Bed= B(1+12+2t;—t), khi d6
2t + 2 =
d(B,(a)) = 2t+2 (=2
J3 t=—4
e t=2= B(3,6,-2) = AB = (1;3; —1), suy ra phuong trinh A la:
x-3 y-6 z+2
1 3 -1
o {=-2= B(-3,-6,2) = AB = (—5; -9; 3) , suy ra phuong trinh A la:
Xx+3 y+6 z-2
-5 -9 3

:2\/§<:>|t+1|:3<:>[

Bai 10
1. Puong thang A, diqua M, (1;—1;3) co u,

(1; 2,-1) 1a VICP

Puong thang A, diqua M, (2; 3; —9) co U,

(32 —2) 1a VTCP

MoMy = (1 -4:12), | uy,uy | = (2-1-4) = | uy,up |- MpM, =42 2 0

Suy ra hai dudng thing A4, A, chéo nhau va khoang cach gitta chung 1a :
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"(A“AZ)W’[?%ZW(J%W |
1 %2

2. Goi H 1a hinh chiéu cua C 1én duong thang A, , khido :

1

Do d6 tam gidc ABC c6 dién tich nho nhét khi va chi khi CH nho nhat
Hay CH 1a duong vudng goc chung cia hai duong thang Ay, A,
Taco: C(1+t-1+2t3-1), H(2+3t3+2t";,-9-2t)
= HC = (t-3t'-1;2t - 2t'- 4;~t + 2t'+ 12)
[HCLA, [HCu =0 [2t-3t'-7 t=2
a e = =
HC LA, |HCu,=0 [9t-17t'=35 " [t'=-1

Vay C(3;3;1) 1a diém can tim.

3.Vi M e Ay, N €A, nén suy ra
M(1+a-1+2a3-a), N(2+3b63+2b-9-2b)
= NM =(a-3b-1,2a-2b-4;-a+2b+12)
Theo gia thiét bai toan ta ¢ hé phuong trinh :

MN? = (a—-3b-1)? + (2a—-2b-4)? + (a-2b—-12)? =180

. m Pa-3b-7) \/?
PO w] oo Vs

(@a-3b-1)% +(2a-2b-4)? + (a-2b-12)*> =180 (1)
[2a-3b-7| =4 (2)
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