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15 CAU KHOANG CACH
Caul. Trong khong gian Oxyz, khodng cach tlr diém A(1;— 2; -2) dén mat phang (a):
x+2y—-2z—4=0 bang:

Al B.3 C. 13 D. 1
3 3

Hwéng dan giai

1. 2.y,—2.z,—-4
d(ay <2y 25
1> +2* +(=2)°
Cau2. Tinhkhodng cach gitra hai m&t phang song song (a): 2x—y—2z-4=0 va (B):

2x—y—-2z+2=0.

A. 2 B.6 C. 19 D. i
3 3

Hwéng dan giai

Khoang céach gitra hai mat phdng song song bang khodng cach tr mét diém béat ky cla
mat phang nay dén mat phang kia.

Ta lay diém H(2;0;0) thudc («). Khi d6 d((a),(B))=d(H.(B))= \|/2222—201)—222 +2§|2 .
+(=D"+ (-

Cau3. Khoang céach tir diém M(3;2;1) dén mét phang (P): Ax+Cz+D =0, A.C.D =0 . Chon khéng
dinh dang trong cac khang dinh sau:

34+C+D| |A+2B+3C+D|
A. d(M,(P))="——=xo! B. d(M,(P))=
A +C? VA + B +C
34+C| 34+C+D|
C. dM,(P)) =———L D. dM,(P))=——
A +C? 3 +1°

x=1+t
Caud4. Tinh khodng cach gitra mét phang («): 2x—y—-2z-4=0 va dwongthang d: { y=2+4¢ .

z=—1

A. B C.0 D.2

W | A

1
3
Hwéng dan giai

Pudng thang d song song v&i mat phéng («).
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Cau 5.

Cau 6.

Khodng céch gitra dworng thang va mét phang song song bang khoang cach tr mét diém
bat ky clia dwéng thang dén mat phang.

Ta lay diém H(1;2;0) thudc duworng thdng d. Khi dé:

21-12-20-4 4

H @)= e e e 3

Khoang cach tr diém A(2;4;— 3) dén matphang (a): 2x+y+2z+1=0 va (£): x=0 lan
lwot 1a d(4,(a)), d(4,(8)). Chon khang dinh dang trong cac khang dinh sau:
A.2.d(4,()) = d(4,(B)) B. d(4,(a)) > d(4,(B))

C. d(4,(a)) = d(A4,(p)) D. d(4,(@)) =3.d(4,(p))

Hwéng dan giai

2, +y,+2.z,+1]
V22412422

d(4,(a) = 1] d(A,(ﬁ))=M—2

2
Két luan: d(4,(8))=2.d(4,(a)).

Tim toa dd diém M trén truc Oy sao cho khoang cach tir diém M dén mat phang (P):
2x—y+3z—4=0 nhd nh4t?
A. M(0;-4;0) B. M(0;4;0)

C. M(0;2;0) D. M(O;?;Oj )

Hwéng dan giai

Khoang cach tv M dén (P) nhé nhat khi M thudc (P). Nén M la giao diém cla truc Oy vo&i
mat phang (P). Thay x = 0, z = 0 vao phuwong trinh (P) ta dwoc y = — 4 . Vay M(0; —4;0).
Cach giai khac

Tinh khoang céach tr diém M trong cac dap an dén mat phang (P) sau d6 so sanh chon
dap an.

Khoang cach tir diém M (-4;-5;6) dén mat phang (Oxy), (Oyz) 1an lwot bang:

A. 6vad. B.6vab.

C. 5vad4. D.4 va6.

Hwéng dan giai
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Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

d(Ma(Oxy)):|ZM|:6, d(M,(OyZ)):|xM|:4

Tinh khodng cach tir diém A(x,;y,; z,) dén mat phdng (P): Ax + By + Cz+ D =0, VOi
A.B.C.D # 0. Chon khang dinh ddng trong céac khang dinh sau:

A d(4 (P))_|Ax0+ByO+CZO+D| B. d(4 (P))_|Axo+BJ’o+CZo|
. ’ - \/ P 2 2 : ’ - \/ 2 2 2
A +B+C A +B +C
Ax, + By, + Cz, + D
C. d(A,(P)):| %+ By + C2, + D) D. d(4,(P)) = Ax, + By, + (z,

JA2 + 2

Tinh khodng cach tw diém B(x,;y,;z,) dén mat phang (P): y + 1 = 0. Chon khéng dinh
dang trong cac khang dinh sau:

A. |y0+1| B. |yo|
+1]
c. bt D.
\/5 Yo
Khoang cach t diém C(-2;0;0) dén méat phéng (Oxy) bang:
A. 0 B.2 C. 1 D. V2

Hwéng dan giai
Diém C thudc mat phang (Oxy) nén d(C,(Oxy)) =0

Khoang céach tir diém M (1;2;0) dén mat phang (Oxy), (Oyz), (Oxz). Chon khéng dinh sai
trong cac khang dinh sau:
A. d(M,(Oxy)) =1 B. d(M,(Oyz)) =1

C. d(M,(Oxz))=2 D. d(M,(0xz)) > d(M,(Oyz)) .

Khoang céach tw diém A(x,;y,;z,) dén mat phang (P): Ax + By + Cz + D = 0,V6i D=0
bing O khi va chi khi:
A. Ax,+ By, +Cz,=-D B. 4¢(P)

C. 4Ax,+ By, +Cz, #-D D. 4x,+ By, +Cz,= 0.

Khoang cach tr diém O dén mat phang (Q) bang 1. Chon khang dinh ding trong cac
khang dinh sau:
A (Q2x +y+2z-3=0 B.(Q:x+y+z-3=0

C.(Q:2x +y-2z4+46=0 D.(Q:x +y +z —-3=0.
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Cau 14.

Cau 15.

Hwéng dan giai
Duing céng thirc khodng cach tir 1 diém dén mat phéng, sau do tinh khoang cach lan lwot
trong mdi trwdrng hop va chon dap an dung.
x=1+t
Khoang cach tir diém H(1;0;3) dén dwong thdng d,:{y=2t , teR va mat phang (P):
z=3+¢
z-3=0 lan lwot 1a d(H,d,) va d(H,(P)). Chon khang dinh ding trong cac khang dinh
sau:
A. d(H,d)=6. d(H,(P)) B. d(H,(P)) > d(H.d)
C. d(H.,d) > d(H,(P)) D. d(H,(P)) = 1.
Hwéng dan giai
Vi H thubéc dwong thdng d, va H thudc mat phéng (P) nén khoang cach tir diém H dén
dwong thang d, bang 0 va khodng cach tir diém H dén mat phang (P) béng 0.

xX=2+t
Tinh khoang cach tw diém E(1;1;3) dén dwong thdng d:{y=4+3t , te R bang:
z=-2-5¢
4 5 1
A.0 B. — C. — D. —
NEH NEH 35

Hwéng dan giai

+ Goi (P) 1a méat phang di qua E va vudng géc véi (P). Viét phwong trinh (P)

+ Goi H |a giao diém cta dwong thang d va (P). Tim toa d6 H

+ Tinh dé dai EH.

Khodng cach tir diém E(1;1;3) dén duwdng thdng d bang EH.

Cach giai khac:

Vi E thudc dwérng thang d nén khodang céach tir diém E(1;1;3) dén dwdng thdng d béng 0.

18 CAU GOC
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Cau 1.

Cau 2.

Cau 3.

Cho vecto D(—Z; -2 0); T/(\/E; J2: 2). Goéc gilra vecto u va vecto v bang:
A. 135°. B. 45°. C. 60°. D. 150°.

Hwéng dan giai

Ta c6 cos(u, V) = ~2:2-242+20 - = (U, v) = 135°.
C2p 2Py (2f +(V2f o2 2
x=2+t x=1-1t

Cho hai duwong thang d,:{y=—-1+t va d,:{y=2 . Géc gitra hai dwong thang d1 va
z=3 z=-2+t

dz2 la

A. 60°. B. 120°. C. 150°. D. 30°.

u=(% 1% 0); u, = (-1 0; 1)

|

1
Hu2‘ 141141 2

Ap dung cong thirc ta ¢6 cos(d,,d,) = cos(u1, u, ‘ ‘

= (d,,d,) = 60°.

Cho dwong thang 4: % = lz =$ va mét phang (P): 5x + 11y + 2z— 4 = 0. Géc gitra dwong
thang A va mat phang (P) la:
A. 30°. B. —30°. C. 60°. D. —60°.

Hwéng dan giai

Goi U; n lan lwot la vecto chi phwong, phap tuyén cia dwdng thang A va mat phang (P).

u=(1, —=21); n= (511 2)
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u.n [15-11.2+12 1
Ap dung cong thirc ta c6 sin(4,(P ‘cos(u n)| = —

N2 22 2

= (4,(P)) = 30°

Ciau4. Chométphang (a):2x-y+2z-1=0;(8): x+ 2y — 2z— 3= 0. Cosin goc giira mat phang
(o) va mét phang (8) bang:
Al B. -2 c. L D
9 9 33 3V3
Hwéng dan giai

Goi n_, n, lan lwot la vecto phap tuyén cia mat phang («) va ().

Taco n, (2 —1,2); n,(1 2 -2)

Ap dung cbng thirc:

n,. n [21-1.2-2.2) 4

ﬂ 2+ (2 + 2+ 221 (-2 9

cos((@),()) = |oos(rn,  1,)| = n

Cau5. Chométphang (P):3x+ 4y + 5z+ 2 = 0 va duwdng thang d la giao tuyén cta hai mat phéng
(@) x-2y+1=0;(B8): x-2z-3=0. Goi ¢ la géc gitva dwdng thang d va mat phang (P).
Khi do:
A. 60°. B. 45°. C. 30°. D. 90°.

Hwéng dan giai

X = 2t
Pudng thang d c6 phwong trinh: {y = % +t ,te R.SuyraVTCPcluad la uj(2; 1)

z=—§+t
2
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Cau 6.

Cau 7.

— - Uy-n

|2.3+1.4+15 J3

Ta co sin(d,(P)):‘cos ud,n‘—_ I _VS
(07 o PP PR s 2

= (d,(P)) = 60°.

Cho mé&t phang («): 3x — 2y+ 2z— 5= 0. Diém A(1; — 2; 2). C6 bao nhiéu mat phang di qua
A va tao v&i mat phang () mot géc 45°.
A. V6 sb. B. 1. C. 2. D. 4.

Hwéng dan giai
[Phwong phap tw luan]

Goi B;(a; b;c) la vecto phap tuyén cha mat phadng (B8) can lap.

V2
2

n,.n| 3.a-2b+2.d

n

a

‘F);‘ = \/32+ (=27 + 22.\/a2 TP

cos((@), () = [cosin,, n,)| =

= 2(3a-2b+ 2¢)’ =17(a° + b* + ¢°)

Phwong trinh trén c6 vé sb nghiém.

Suy ra ¢6 v6 sb vecto B;(a; b; ¢) 1a véc to phap tuyén cta (). Suy ra c6 vo sd mat phang
(8)théa man diéu kién bai toan

[Phwong phap trac nghiém]

Dwng hinh.

Gia st ton tai mat phéng (8) théa man diéu kién bai toan. (Bi qua A va tao vé&i mat phéng
() mot géc 45°). Goi 4 1a dwdng thang di qua A va vudng goc véi mat phang («). St
dung phép quay theo truc A v&i mét phang (£). Ta dwoc vo sb mat phéng (') thda man
diéu kién bai toan.

Hai mat phang nao duéi day tao véi nhau mét géc 60°

A.(P):2x+11y-5z+3=0 va (Q):—-x+2y+z-5=0.

B. (P):2x+11y—-5z+3=0 va (Q): x+2y-z-2=0.
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C.(P):2x-11y+5z-21=0 va (Q):2x+ y+z-2=0.
D.(P):2x-5y+11z-6=0 va (Q):—-x+2y+z-5=0.
Hwéng dan giai

Ap dung coéng thire tinh goc gitra hai mét phang.

= cos60° = 1
2

Xac dinh cac vecto phap tuyén ctia mat phang (P) va (Q). Thay céac gia tri vao biéu thirc
dé tim gia tri dung.

Dung chirc ndng CALC trong may tinh b tui dé hé tro' viéc tinh toan nhanh nhét.

Cau8. Chovecto u(t; 1, —2), (%, 0: m). Tim m d& géc gita hai vecto u, v c6 sb do bang 45° .
M6t hoc sinh giai nhw sau:

- = 1-2m

Buwéce 1: Tinh cos(u, v) =
6.l +1
1-2m 1

Buwéc 2: Goc gitra u, v ¢o sb do bang 45° nén ————=

J6.In? +1_$
1= 2m=3(n? +1) (*)

Bwéc 3: Phuwong trinh (*) < (1-2m)* = 3(n? + 1)

m:2—\/6
m:2+\/6.

Bai giai dung hay sai? Néu sai thi sai & bwdc nao?

esm-4m-2=0<

A. Sai & buoc 3. B. Sai & bwéc 2. C. Sai & budc 1. D. bung.
Hwéng dan giai
Phwong trinh (*) chi binh phwong dwoc hai vé khi bién dbi twong dwong néu théa man

1-2m> 0. Bai toan da thiéu didu kién d& binh phwong dan dén sai nghiém m=2+ /6.
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