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HUONG DAN GIAL

Van dé 1. CHUNG MINH HE PIEM THUOQC MAT NON, MAT
TRU, MAT CAU.

Bail
1.
Qua O ké dudng thang A vudng
gdc voi mit phang (P) thi A ¢b

dinh. Goi S la goc gitta A va [ . \ ‘
’ 0 A Xe A \
Taco f=90" —a khong doi nén w
duong thang / thudc mat nén cb o
dinh ¢6 truc la A, dinh 1a / va goc . < :// .
o)l
& dinh 1a 28 =180° — 2« . ]
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2.
Goi K 1a hinh chiéu cua M 1én AB, ta B

c6 hai tam gidc vuong MKB va MHB
bang nhau suy ra MK = MH khéng doi.
Vay diém M luén ndm trén mat tru cé
truc la AB vaban kinh r = BH .

173
3. Goi O, R la tim va ban kinh mit cau va AM 13 mot dudng thang bat ky
qua A va tiép xuc véi mit cdu tai M. Pat OAM =, OA =a
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Taco: tana =M - B (hong déinén o khong déi.

OA a
Vay AM ludn nam trén mot mit non co truc 13 OA, dinh A va gbc ¢ dinh
1a 2.
4. Goi H 1a chan duong cao ha tir M xubng duong thing AB . Ta c6 dién
tich tam gidc MAB 1a S = % MH.AB = MH = j—‘z khong doi.

Vay M thudc mit tru ¢b dinh c6 truc 12 duong thang AB, ban kinh

r=MH = § .
AB
Bai 2
1. (Ban doc tu vé hinh )

Ta ching minh dugc AD L BC.Goi M, N, P,Q, E, F lan luot 13 trung
diém clia cdc canh AB,CD, AD, BC, BD, AC.
NP/ IMQ//IAC
Taco {MP//NQ//BD = MPNQ la hinh chit nhat nén giao diém O cua
AC L BD
MN va PQ cach déu bon diém M, N, P, Q.
Tuong tu ta cling ¢c6 O cach déu bon diém M, N, E, F
Vay O céch déu sdu diém M, N, P,Q, E, F nén sau diém ndy nam trén mat
cdutim O.
2. Taco AN L SC. Tu AM L BC,AM 1 SC tacé AM 1 MC.
Tuong tu AI? 1 PC.
Do d6 cac diem B, D, M, N, P cung nhin doan AC dudi mdt goc vudng.
Vay A,B,C,D,M,N,P thuéc mit cidu tim O cO ban kinh 1la

va® + b?

—

3.Goi F = KL nMN, E 1a giao diém cua PF v&i mit ciu ngoai tiép hinh
chép PABC . Khi d6 cac diém P, Q, R, E nam trén dudng tron 1a thiét dién
clia mit cAu ngoai tiép hinh chép PABC véi mit phang (PKL).

Mit khac F = KL n"MN = P, S, T, E nim trén duong tron thiét dién cau
mat cau ngoai tiép hinh chép PACD véi mat phang (PMN) .
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Do do6 cac diem P,Q, R, S, T nam trén hai dudong tron cat nhau tai hai diém
P, E nén hai duong tron nay nam trén mdt mat cau.

Bai 3

1. (Ban doc tu vé hinh )

Tacod: (Q) L SC= AC'L SC = AC'C =90 (1)

SAL(P)= 1A LBC _ gc i (saBy= AB' L BC.
BC L AB

SC L (Q)= SC L AB'= AB' 1 (SBC)
— AB'LB'C= AB'C=90° (2).
Chtrng minh tuong tw ta ¢6: AD'C =90° (3).

Talaic6 ABC=ADC=90° (4).
Tir (1), (2), (3) va (4) ta suy ra bay diém A, B,C, D, B',C', D' cung nhin
doan AC dudi mot goc vudng nén chiing thudc mit cau cd dinh cé duong

kinh 14 AC. Bén kinh hinh ciu: R = ATC _ %
OM L AB

2. Goi M 14 trung diém cia AB = { = AB 1 (O,0,M)

O,M L AB
Go1 d; la duong thang di qua O, va vudng goc

i

, . 1 d
v61 mat phang chia (O;), d, l1a duong thang di |
R |
qua O, va vuong goc voi mat phang chia 21 !
N ~- |

(0y). 540

Vid,,d, < (0;0,M) nén d; nd, ={O}.

A
Khi d6 moi diém N nim trén (O;) hodc (O,) taluén c6 ON = OA = OB.
Do d6 tat ca cac diém nam trén hai dudng tron ( 0,) va (0,) déu thudc mit
cau (O, OA).

Bai 4
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1. Goi O 1a tim mat cAu ngoai tiép tir dién, AH 13 duong cao cua hinh
chop, H,, O, la tryc tim va tim dudng tron ngoai tiép tam gidc BCD.

Trudc hét ta chirmg minh O, la trung diém 4
doan HH, FAN
14 o e X y ! \\\\\\\
Ta lay hinh hdp chir nhat ngoai tiép tir ;’; ANRESOR
dién ABCD N
Ta c6 O latrung diém cua AK , KBCD / i \Y,\’
‘A ~ \ \ A ! N AN
la tir dién vudéng va H, 1a truc tdm tam ro AN,
. . s Ry L S

giac BCD nén KH, L (BCD), do d6 hinh [ H{, s c

X ,/””,——’ AN
chiéu O, b o

ciia O xudng mit phing (BCD) 1 trung diém doan HH 1
T do suyra OH = OH,. 4
Goi P latrung diém AH ,tacé
AH =400, nén OP = OH

OH = OP = OH, =\r? +&>.

Tuong tu ta ching minh duoc 12 diém ndi trong bai toan nam trén mit cau

taim O, bankinh R=r? + a2 .

Van deé 2. CAC BAI TOAN VE DIEN TICH XUNG QUANH,
THE TiCH VA THIET DIEN CUA KHOI NON, KHOI TRU.

Bail
1.a) Goi S, O la dinh va tam duong tron day cia hinh nén, thiét dién qua
dinh 1a tam gidc SAB. Theo bai ra ta c0 ASAB la tam giac vudng can tai

S.
Taco I=SA=a; AB=2r=\/§SB:\/§a:>r:%.
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Dién tich toan phan cua hinh ndn la:

1+ \/5 72'82
Stpzyzr(r+/)=—( 2) .
3
Thé tich khéi nén 1a: V = %ﬂrzh _ 217;"” .

b).X¢ét thiét dién qua dinh S tao v6i mat phing

day mot géc 60° 12 ASAC. Goi H la trung
diém cua AC.

Tacé: ACL OH,AC L SO= AC L (SOH)= SHO =60".
sH = 59 —\/ga,AC=2AI=2\/SA2—SH2=2—\§a.

sin60°
J242
=

Dién tich thiét dién 1a: Sg,c = % SH.AC =

2. (Ban doc tw vé hinh )
Goi [ 1a diém ti€p xtc cua duong tron ndi ti€p cua tam gidc ABC vdi canh
BC;

SIO=p;h=SO=rtan g, =Sl =——.
cosp
: xr?
a) Dién tich xung quanh hinh non S, , = 7zrl = .
cos/f
3
Thé tich hinh nén Vin = 17zr2h _zritanj .
"3 3
2
b) Tacd AC = J3AB, BC = 2AB; Sagc = % AB.AC = EL
Sagc = %(AB+ AC+ BC)r = 3+2\/§ AB.r = AB = (\/§+ Nr.
Dién tich xung quanh hinh chép
2
Sy, = ~(AB+ AC + BC).SI = V3@ +3)r?
2 cos/s
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3
Thé tich khi chép Vi, = 3 SO.S agc = Y32+ @r tanj.

3. Goi / latrung diém doan théng AB thi Ol 1 AB, Sl 1 AB,

Ol =a
J3

Tacd AO = SA.cos30° = 7.SA;

Al = SA cos60° =%SA.
A
J3

Talai c6 2L = cos /A0
A0

T do suy ra Al =
AO

J6  a J6a

=sin A O=—=—= A0=—="
3 OA 2
/4 M4 14 AO
Xét tam giac SAO, taco SA = = 2a.
cos 30°

Dién tich xung quanh ctia hinh nén la: qu = zrl =[37a°.

1 N

Thé tich khéi non 1a: V = 3 TR = én.OA?SO =—-a.

Bai 2

1. Do thiét dién di qua truc hinh tru nén ta c6

h=2R. o’ :
Dién tich xung quanh 1a S, = 27Rh = 4rR? ( : :
dvdt). L
Dién tich toan phan 14 : Stp =27R(R+ h) = 67 R? 2R i i
(dvdt) AT A
2. Thé tich khéi tru V = 7R%h = 22R3 ( dvtt). N

3. Do khdi lang tru n6i tiép 1a t&r gidc déu nén ddy 12 hinh vudng canh 2R.
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Thé tich cuia khéi lang trula V = Bh = 4R> (dvtt).

Bai 4

Ké duong sinh AA', goi D 1a diém d6i xing voi A' quatim O' va H la
hinh chiéu cia B trén A'D.

Taco BH L (AOO'A") nén V=2BH.Sa00 4 N
Tacé A'B =+/3a BD = a, tam gidc BO'D déu
S VB

suy ra BH :@. ,// -

2 )/ : II
Miit khic S, . =+ a2 nd S

atkhac S,q0: —Ea nen suy ra 4 J{I .
4 0

J3a°

Thé tich tir dién OO' AB 1a Vo pp =

12
Bai 5 (Ban doc tw vé hinh )
1. Tacdé SM = ‘_DM = _R ,SO=Rcota.
SIN o SIN @
Dién tich xung quanh khéinén S, = R®
' 4 X sina’
3
Thé tich khéi non V = MTCO"“ .
2. Gia st (P) cat hinh nén theo thiét dién 1a tam giac SMN .
2
Taco SM L SN = S, Jsmsv - R
2 2§n2a

3. Goi / 1atrung diém cia MN ,tacd SIO=f.

Tacd Ol = SOcot g = Rcot a.cot f khong doi.

Vay S/ thudéc mot mat non ¢ dinh ¢6 dinh S, truc SO va dudng tron day
(G;0l).

Bai 6

Goi E 1a trung diém cua BC, D d6i ximg cia A qua O.
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