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HUONG DAN GIAL

Bail

1. (Ban doc tu v€ hinh)

Tacd ASAB=ASAC = AB=AC.Dat AB=AC=x.
Ap dung dinh 1i cosin trong tam giac ABC ta ¢6 :

BC? = AB%2 + AC%2 —2AB.AC.0c0s120° = a2 = X% + x? —2xx( ;)

a
& X=—
3
2
Mt khic: sABczlABAC in BAC =18 8 o0 83
23 3 24
—\sB% - AB? - ﬂfa ———a\/7
v=1sas V3,
— VT oasc T 3 24

2. . (Ban doc tu v€ hinh)
Goi H la trung diém ctia AC thi SH L AC = SH L (ABC). Dt

SH =h

2
Ta c6 SC2=HSZ+HC2=h2+aT, SB? - HS2 + HB2 - n2 4 32"

Ma SC? = BS? + BC? - 2BS.BC cos60°

2 2 2
2 & 2,38 2 o h2+3i.1c>h:a\/§.
4 4 \ 4 2 2

23 2f3_ a2
. a3 3 a 2
Ta co SAABC 5 4 = VSABC 3 a\/;. )

4 8
3.Ké HK L AD = SKH = ((SAD),(ABCD)) = 60°
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Tacé: HK =+ cD =2 S
4 4

:>SH:HKtan600=aT\/§

2

Sagcp = @

1 a3
Vsapeo =3 SH-Sasep = =5~
Do AB//ScD) [ /7 Nt
= d(AB, SC) = d(A,(SCD))

_4 B C
= 3d(H,(SCD))

J__________‘s

V& HF L CD,HE 1 SF = HE = d(H,(SCD)), HF=—AD=%a

B~lw

1 1 64 3a

Trong tam giac SHF ta co: = + = = HE=—.
HE? HS? HF? 9a? 4

4. (Ban doc tu v€ hinh) 7
Tacd SO =(SAC) " (SBD). Do hai mat phang (SAC) va (SBD) cung
vudng goc voi mit phang (ABCD) nén suy ra SO 1 (ABCD).

Ké OE 1 AB,OK 1 SE = OK = d(0,(SAB)) - aTS

1 1 1 4 1 1 1 4
= + = = = - =—=S0-=
OE2 0A%2 0B? 332 SO®° O0OK? OE? &2

1 2 R 83\/5

3
5. (Ban d(_)c‘ tu v€ hinh) ,
Goi H, K lan luot 1a hinh chi€u cua A.
Taco: BC L (SAB) = AK 1L (SBC)= AK L SB= SB 1 (AHK)

Do d6 AHK =((SAB),(SBC)) = 60°.

Vi

N | O

G a8

= AK =—AH

Trong tam giac vuong AKH ta co: % =sin60° = 5
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Suy ra
1:4®1+1:£(1+1j31:£:%
AK?2 3AH? SA? AC? 3(sA? aB? SA2 g2

2
BC=VAB?2 - AC? = a3 = S, 150 :%CA.CB BLREY

2
°J6
N a’+\/6
Vay Vg agc = 12
6. Goi H 14 hinh chiéu cia S 1én BC; E, F lan luot 13 hinh
chiéu cia H 1én AB, AC suyra S

SH 1 (ABC) va HE = HF nén AH
1a phéan gidc cua géc BAC
. AB BC BH AB
Tacdé: —=—=1+ =1+
HF HC CH AC
L HF - AB.AC _2a
AB+AC 3

Za\/g

3’ A

Suyra SH = HF.tan 60° =

1 2

7. ( Ban doc tw vé hinh )

Ta c6 BA =BC nén tam giac ABC vudng cén tai B.
Vi BC LBA,BC LAS nén

BC 1 (SAB)=BC 1 AB/,

AB' 1 SB = AB’' L (SBC)= AB' 1L SC.

B'C' L SC = SC 1L (AB'C).

Thé tich khéi chép SABC Il

V= %SC’.SAB,C, = %SC'.AB'.B’C'.

Ta c6: SC=+/SA2 + AC2 =+/SA2 + BC? + BA2 =a4/3.
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SA? a
T iac SAC' vuong tai A, duc AC' nén SC' = =—.
am giac vudng tai wong cao nén RN
Tam giac SAB vuong can tai A nén AB'=SB’ = %SB = %.
2
Suy ra B'C'2 =SB'? —SC" =%:> B'C’ =¥.

1a/3 a2 a6 2°

Vay thé tich can tim 1aV = %SC’.AB’.B'C’ =3

326 36
8. Vi hinh chiéu cia S 1én mit phang (ABC) 1a diém A nén o =SBA. Mat

khac, SA L BC, AD 1 BC (tam giadc ABC cantai A )nén BC L (SAD) do do
g
B =BSD. b

Tu cac tam giac vuong SAB,SDB
taco AB =SB.cosa,BD =SB.sin f.
Ma AB? = AD? + DB? nén
SB?.cos? o = SB2.sin? B + a*

a

=SB = :
Joos? o —sin? B
A e C
""""""" D
Dodo BD=——230P __ gp _gp sing=——290%
Joos? o —sin? B Joos? o —sin?B B

Thé tich khdi chép la: V = %SA.SABC = %SA.AD.BC,

a’sinao.sinp
3(cos® . —sin? )’
9. Goi H 14 hinh chiéu cia S 1én mat phang (ABC), ta & SA,SB,SC lan luot
tao vai day cac goc SAH,SBH, SCH nén cac tam gfa H, ABH, SCH
bing nhau nén HA =HB =HC, hay H 13 tim duodg trén noai tiép tam gidc
ABC. 7
Goi M la trung diél}q cia BC thi H e AM.
Theo dinh 1y ham so sin cho tam giac ABC cé

BC _oR_2HA = HA--2 — sH-AA.tanp -

hay V = %.SA.AD.BD =

SINA SN / SHIE '
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Mat khac, tam giac ABC cantai A nén AB =BM. cot @

, do d6 dién
2

.cot2
2

N | ©

2
tich ddy 14 Spae = %AM BC= aI.cot

N

3
Thé tich ctia khéi chop can tim1a V = %SH Sagc = Lanﬁ.

10. Ta c6: MN / /AD; BC L SA va BC L AB = BC L (SAB)
— BC 1 BM = BCMN 1a hinh
thang vudng tai B va M.

SA = ABtan60° = a\/g,

MN _SM _2_ .\ 4a
AD SA 3 3
BM =\ AB2 + AM2 = 22

J3
Dién tich hinh thang BCMN :
BC + MN 10a?

S=—__  _BM =
2 33

Ha SH L BM = SH 1 (BCMN) = SH la dudng cao cua khéi chop
S.BCMN .
Do AMHS ~ AMAB nén suy ra:
MSMA a3

MB 3
— BH = BM + MH. — a3 = SH = SB? - BH? = J4a? —3a% — a
1.10a° _10y3a°

A 1

MH MB = MSMA = MH =

Bai 2
AB+BC+CA _
. -

9a

1. Goi p la nura chu vi tam gidc ABC: p =

Nén dién tich tam gidc ABC la:
Siagc = \/p(p - AB)(p-BC)(p—- AC) = J9a.4a.3a.2a = 6a2\/5
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Ké duong cao AK cua tam giac
ABC va duong cao AH cua tam
giac SAK

Taco: AH L (SBC)

28\/6

= AH = d(A,(SBC)) = =7

2S
AK = —248C _ 2a6
BC V6

Trong tam giac vuong SAK,
1 1
= +
AH? SA®  AK?

ta co:

B

12= 12_ 12= 92_ 12= 12:>SA=a\/§
SA° AH® AK* 24a° 24a~ 3a
Vay Vs agep = %.a\/g.GaZ\/g 3 6a3\/§.
2. Goi O latam cua day, / 1a trung diém BC
a) Tac6 BC L (SI0) = SIO =((SBC),(ABC)) = 60°

/ozlA/ _av3
3 6

— SO = /Otan 60° :g,

a*\3

S =
AABC 4

=

A 1
Vay Vsage =3 50-Smse

25 a3
4

24

a
3'2

b) Goi E,F,P lan lugt 14 trung diém ctia AB, BS, SM , ta co:
(SA,BM)=(EF,PF)= EF 1 FP.Djt AB=x
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2 2 2 2 2
Taco: EF —a BM2 - ABS?+BC?)-8C? x*+2a® ., BM
4 2 2
2| 3 | sa? _ ag? |- sc?
g2 - AEC? + ES?) - SC? 4%+ X
4 4 4
£p2 _ 2(SE? + EM?)-SM? _ 9a?
4 16

Tam gidc EFP vudng tai F nén
EP2 EF2+FP2c>x —8a% < x=2a\2

AO—§AI 0=+SA2-AQ? = 1/4a —8a

1 2a\3 x’\[3 _4a°

Vay V. --S0.S - _za
ay Vsasc 3 AABC 9 2 3

3.Vé ME//SA = ME 1 (ABCD),dod6 DM | BN < DE 1 BN .
bat AN = xAD

DE:DA+AE:—AD+1§AB;

BN = —AB + AN = —AB + XAD
BN | DE = (3AD- AB)(AB-xAD) -0

& —3xAD? — AB? + (3+ x)AB.AD =0
Ta ¢ tam giac ABD déu nén:

AB.AD = AB.AD.cos BAD = a.a.cos60° =

2
Nén ta co: —3xa2—a2+W=0<:>X=%

Ta c6: ME =§SA :@, SABN :%AB.AN.sin 60° =
3a2\/§
Suyra Sygnp = Saagc ~ Saasn = 50

1 1 2a\3 3a2\/_ as

10
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4.Goi I 1a hinh chiéu vuong géc cua S trén (ABCD), tuong tu nhu vi du

trén ta ciing ¢6 / 1a tim duong tron noi tiép hinh thang ABCD.
Vi tir gidc ABCD ngoai tiép
nén

AB+ DC=AD+ BC=>5a
Dién tl'ch hinh thang ABCD

la S=— (AB+ DC)AD
2

= 1 5a.2a = 532
2

Goi p lantachuviva r la
ban kinh duong tron ndi tiep

cua hinh thang
ABCD thi _AB+DC+AD+BC 1032533
2 2
2
S=pr:r=§:5i=a:IK=r=a.
p ba

Tam gidc SAD déu va co canh 2a nén

SK = a3 = SI =+SK2 - IK? = a2

3

5. Tacod aM —l —% nén hai tam giac ABM va BCA déng dang
AB 2 BC

— ABM =BCA
— ABM + BAC =BCA +BAC =90°

= AlIB=90° = MB L AC
Mat khac, SA wvudng goéc vdi day nén
SA L BM, do d6 BM 1L (SAC) suy ra
(SBM) L (SAC).

,,,,,
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Vi N 1a trung diém cua SC, nén goi
H 1a trung diém cua AC thi NH la
duong trung binh cua tam giac SAC.

Ta c6 NH _S7A—g NH /SA nén NH L (ABCD).
Thé tich khéi chép ABIN 1a Vg =%NH.SAB,.
Trong tam giac AMB ta c¢o 12: 12+ 12:>A|:ﬂ va
Al2  AB?  AM 3
2
Bl = ABZ—AI2:¥:>SAB,:%IA.IB_ V2.

Vay thé tich khéi chép ABIN 13 Vyu 5 =

OOIA
Nlm
(o))
W
(o))

6. Hinh chiéu ciia SC 1én mat day

1a AC nén SCA =45°. Mat khac
CB L (SAB) nén CSB =30°.

Tam giac vuéng SBC c6 CSB = 30°

nén BC = %SC.

Tam gidc vuéng SAC c6 SAC =45°

2

nén SA = AC = =SC. 5

Tir tam gidc vuong ABD ta c6 BA? + BC® = AC® nén SC=2a, suyra BC=a
va SA = ax/§.

Thé tich cta khéi chép SABCD 1a V =

a2
3

7. Dé dang tinh dugc AN =DM = a\/ﬁ,

ma AD =2a nén tam giac AND vudng tai N.
Theo dinh li ba dudong vudng goc thi
DN L MN, suyra

DN 3

tanDMN = —=—
MN 3
Ta dugc MN =ay/6 nén tir tam giac vuong

AMN thi AM =2a = SA =4a.
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Goi F=AB nDN thi B la trung
diém AF =E la trong tim tam

giac SAF nén
1 4
d(E,(ABC))==-SA =—a.
(E.(ABC) =3 SA =2
V Ivas, 222y —1d(E (ABC)).S 2o
MAFD = g 777 TTPADE T g = TEBEN T g MR g
Thé tich khéi da dién ADM.BNE 1a Vaomene = Vuaro — Vesen =%a3_

8
\ 3 4 3
Ma Vg agnp =287, nén Vgpyen = Vs aeno — Vaomene = 53 -
Goi O 1a giao diém ciia AC va BD,
theo tinh chat cua hinh chép déu ta co
SO.L(ABCD) .
Trong tam giac vudong SOC,
2

a2 4 a’

2

sozzscz—oczzaz—(

2
~50=2V2,
2
The tich cua khoéi chép S.ABCD .
1 1, a\/E a3\/§

Tinh dién tich toan phan cua hinh chép S.ABCD : Stp = 4S¢pc + Sapcp
Vi tam giac SBC ¢6 cac canh déu bang a nén 1a tam giac déu suy ra
a\/3 2 2_ .2
Tinh dién tich hai mat chéo SAC va SBD .
Hai mit chéo SAC va SBD bang nhau:
1 1 a\/E a’
Scac ==ACSO==ay2.— =—.
SAC T 2 V2 2 2
b) . Tinh d(A,(SCD)).

1 a3\/§

Cach 1. Taco Vg ocp :EVS‘ ABCD =

10
14
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