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BAI 2. CU'C TRl CUA HAM SO

A. KIEN THU'C CO' BAN
Quy tic tim cyc tri cia ham sé.

Quy tdac 1:
- Tim TXD cda ham s6é.
- Tinh f'(x). Tim cdc diém tai d6 f'(x) béing 0 hodic " (x) khéng xdc dinh.
- Lap béng bién thién.
- Tir bdng bién thién suy ra cdc diém cye trj.
Quy tdc 2:
- Tim TXD cda ham sé.
- Tinh f'(x). Gidi phuong trinh f'(x) va ky hiéu x, (i = 1,2,3,...) l& cdc nghiém cda né.

-Tinh f"(x) va f"(x;) .

- Dya vao déu cda f ”(xi ) suy ra tinh chét cyc tri cda diém x, .

B. KY NANG CO BAN
1) Ky néng giai nhanh cac bai toan cyc tri ham sé bac ba.

y=ax’ +bx’ +cx+d (aiO)

¥ =3ax* + 2bx +c

+) D6 thi ham s8 cé hai diém curc tri khi phuong trinh " =0 cé hai nghiém phan biét
< b* —3ac >0 . Khi d6 duwdng thing qua hai diém cuc tri d6 13 :

2¢ 2b° be
y=|——|x+d——.
3 9a 9a

+) B&m may tinh tim ra dudng thang di qua hai diém cyc tri:

ax® +bx* +cex+d —(3ax2 +2bx+c)(§+9£)x—=i>Ai+B:y:Ax+B
a

Hodc s dung cong thirc y — Y-y
18a
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Vidy 1: Tim dudng thang di qua hai diém cyc tri cla d6 thi ham s8: y =x° +3x> —x+2

B&m may tinh: MODE 2

¥’ +3x° —x+2—(3x2 +6x—l)(£+l)x—=i>z—§i:y:—§x+z
3 3 3 3 3 3

Vi du 2: Tim duong thang di qua hai diém cuec tri ( néu cé ) clia d6 thj ham s6:
y=x =3x"+m’x+m
B4m may tinh: MODE 2

1003000 N 1999994 ;
3 3

X =3x"+ 1112x+m—(3x2 —6x+m’ )(f_lj x=i,m=A4=1000
3 3

1003000 1999994 . 1000000+3000 2000000—6 . m’+3m 2m*>—6
Ta co: 3 + 3 1= 3 + 3 1= 3 + 3 X

2m* -6 m* +3m
X+

Vay dudng thing can tim: y = 3 3

+) Khodng céch gira hai diém cuyc tri ciia d6 thj ham sé bac ba la:

’ 3 2
AB— 4e+16e véi e:b 3ac
a 9a

2) Ky ndng gidi nhanh cac bai toan cwe tri ham trung phuwong .

Cho ham s&: y =ax* +bx’ +c¢ (a#0) cé dd thila (C).

Y =4ax’ + 2bx

x=0
y=0& xzz_i
2a

. ' . n oL b
(C)cé ba diém cyctri ' =0 c6 3 nghiém phan biet<:>——2 >0.
a

Khi d6 ba diém cwc tri 13: A(O;c),B —,’—i;—A , C ,/—i;—A VGi
2a° 4a 2a  4a

A=b*—4ac
4
Do dai cac doan thang: AB=AC=4’b—2—i ,BC=2 ’—i )
16a” 2a 2a
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Céc két qua can ghi nho:

+) AABC vubng can

4 4 3 3
C)BC2=ABZ+AC2C>—%=2(1§ 2—2iJc>12 2+zi=0<:>zi(b—+lj=0c>b—+1=0
a a a a a

a 8a a
+) AABC déu
4 4 3 3
SBC=AB -2t St P e [ 3|0 4320
a 16a” 2a 16a~ 2a 2a\ 8a 8a
3
+) BAC =« ,taco: cosa=b3+8a @tang=—8_?
b’ —8a 2 b
b* b
+)S, e = —— | ——
}Sasmc 4|a| 2a
b’ —8a

+) Ban kinh dwérng tron ngoai ti€p AABC 1a R = W
a

+) Ban kinh dwéng tron ndi ti€p AABC la

v b

4|a| 2a B b?
\/134_1;+ [ b 4a|+16a> ~2ab°

164> 2a 2a

+)Phuong trinh dudng tron ngoai tiép AABC la:
2 A 2 A
x’ +y2—(———+cjy+c(———j=0
b 4a b 4a

CU'C TRI CUA HAM SO

BAI TAP
NHAN BIET — THONG HIEU (30 cau)

Caul. Chohamsé y = f(x) cé dé thinhu hinh vé:
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D6 thi ham s8 y = f(z) c6 may diém cyec tri?
A. 2. B. 1. C.0. D. 3.

Ciau2. Chohams8 y = f(x) cé bang bién thién:

Khang dinh nao sau day 1a dung?

A. Ham sb dat cwc daitai £ = 2. B. Ham sb dat cyc daitai z = 3.
C.Ham s6 datcyc daitai x = 4 . D. Ham s& dat cwc daitai o = —2.
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Cau 3.

Cau 5.
duong

Cho ham s y = z° — 32% + 2 . Khidng dinh nao sau day 1a ding?

A. Ham s6 dat cuctiéutai z =2 vadatcucdai £ =0.

B. Ham s6 dat cuc daitai z = 2 vadatcyctiéutai z =0.
C. Ham s6 dat cuc daitai z = —2va cyctiéutai z =0.

D. Ham s6 dat cyc dai tai © = Ova cyc tiéu tai z = —2.
Huéng dan gidi:

y'=3x2—6x=0©[x
X

Lap bang bién thién ta dwoc ham s6 dat cyc daitai x =2 va dat cuc tiéutai x=0

Cho hams6 y = ' —22° + 3 . Khing dinh nao sau day la dung?

A. Ham s& cé hai cuc tri. B. Ham s6 chi cé dang 2 diém curc tri.
C. Ham s6 khong cé cuec tri. D. Ham s8 chi cé dung mét diém cuc
tri.

Huéng dan giai:

x=0
y'=4xr —dx=0<|x=1

x==1
y(0)=3; y(1)=ypy(—1)=2 nén ham s& cé hai cyec tri.
Biét db thiham s6 y = 2° — 3z + 1 ¢ hai diém cyc tri A, B . Khi dé phuong trinh

thang AB la:

A y=-2x+1. B.y=2z-1.
Cy=z—-2. D.y=—-z+2.
Huéng dan gidi:

x=1

y'=3x2—3=0<:>[
= A(1;-1),B(-1;3) = Phuongtrinh AB:y=-2x+1
Phuong phép trac nghiém:

BAm may tinh:
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Budc 1: BAm Mode 2 (CMPLX)
. 3 2 T
Bwéc2: = —3x+1—(3x —3) —
3

Bwéc3:Cacl x=1i

Két qua: 1—2i = phuongtrinh AB: y=1-2x

2
n " T +3r+3 s
Cau 6. Goi M,n lanlwot la gia tri cuc dai, gia tri cyc tiéu clla hamsé y = —2 . Khi dé
T +
gia tri
clia biéu thiec M? —2n bing:
A. 7. B. 8. C.9. D. 6.

Huéng dan giai:

,_x2+4x+3
(x +2)?
2 x=-3
y':O@ix—;?’:O@ o
(x+2) =1

Ham s6 dat cuc daitai x=-3 va y, =—3

Ham s dat cuc tiCutai x=—1 va y., =1

=>M>-2n=1

Phuong phap tric nghiém:

B&m may tinh:

Buérc 1:

J 2 +3z+3
T+ 2

dx

.(100 + 2)2 —5 1004003 = 1000% + 4000 + 3 = 2*> + 4z + 3

2=1000

L x* +4x+3
4 (x+2)

x=-1>4
Bwérc 2: Gidi phuong trinh bac hai: x> +4x+3 <
x=-3—>8B
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2 +3x+3

Budc 3: Nhap vao may tinh
T+ 2

Cacl x=4—>C

Cacl x=B—>D
Buéc4:Tinh C2-2D=7

Ciu7. Chohamss y=2" +172" —24x + 8 . K&t ludn nao sau day la dung?

2
Az, =-12. B.z,, = g C. z,, =-3. D.z,, =1
Huéng dan giai:
x=-12
y'=3x"+34x-24=0< 2
x==
3
Lap bang bién thién ta thdy ham s6 dat cuc daitai x=—12 .
Ciu8. Chohamss y=3z" —62° +1 . K&t ludn nao sau day la dung?
A Y, =1 B. Ygp = —2. C. Y, =-1 D. Y., =2

Huéng dan giai:

x=0
y'=12x -12x=0 | x=-1

x=1

Ham s6 dat cuc daitai x=0 va y., =1.

?

N | o

Cau 9. Trongcdc ham sb sau, ham s6 nao dat cuc daitai x =

A y=~N-1"+3z-2. B.y=%$4—$3+$2—3$-

C.y=+4zr" —12z - 8. D.y—ac_:l

Hwéng dan giai:
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. —2x+3 o i
Hamsd ¢y = V—2" +37 -2 ¢ y'=——ooo— va y' dbi dautlr "+" sang "-"

2y—-x* +3x-2

3 , 3
khi x chay qua 5 nén ham so dat cwc dai tai x=5 .

3
| = =O
y(zj

3
20
y@

Cau 10. Trong cdc ham s6 sau, ham s8 nao chi cé cuc dai ma khong cé cuc tiéu?

. , 3
Dung casio kiém tra: thi ham sé dat cuc dai tai 5 .

A. y=—10x4—5:1:2+7. B. y=—17x3+2x2+a:+5.
-2 r+z+1

Cy= . D.y=———.
z+1 z—1

Hwéng dan giai:
Hams6 ¥y =—10x" =5x+7 c6 y'=—-40x" =10x=0< x=0 va y"(0)=-10<0

nén ham s8 dat cwc daitai x=0 .

2
+13z+1 . 5
Cau1l. Chohamsé y = 31:—329 . Budng thang di qua hai diém cuc tri cia db thj ham
T+

phuong trinh la:

Ay =06z+13. B.y =3z +13.
C.52—-2y+13=0. D. 2z +4y—-1=0.
Hwéng dan giai:

x_—9+\/ﬁ

3x* +18x+20
= -0

3
(x+3)2 x_—9—\/ﬁ

3
diém cuc tri cia dé thiham sd 1a y =6x+13 .

'

=> Phuong trinh duong thang di qua hai

Phuong phap tric nghiém:

Tai diém cwc tri cha d6 thi ham s6 phan thirc, ta co: =
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Vay phuong trinh duwéng thang di qua hai diém cuc tri ca d6 thi ham s6 1a
!
(32 + 132 +19)

(:z: + 3),

&y =6z+13

Cho hams6 y = Vz® =2z . Khéng dinh nao sau day la dung

A. Ham s6 khéng cé cuc tri. B. Ham s6 datcyctiéutai £ =0 .
C.Hams6 datcucdai z =2 . D. Ham s& cé hai diém cuc tri.

Huéng dan gidi:
TXD: D = (—0;0]U[2;40) .

y=— 2L gex=10).

NxP=2x

»' khoéng d8i dau trén cac khoang xac dinh nén ham s6 khéng ¢ cyc tri.

Cho hamsé y = z" — 2" . Khdng dinh nao sau day 1a dung

A. Ham s8 cé dung hai diém cuc tri. B. Ham s6 c6 dung 3 diém cuctri .
C. Ham s8 c6 dung 1 diém cyec tri. D. Ham s8 c6 ding 4 diém cuec tri.

Huéng dan giai:
x=0
y'=7x"=5x' =x*(7Ix* -5 =0 5.

x=%,|=
7

, 5 g .
' chi d6i ddu khi x chay qua i\/; nén ham so co hai diém cuyc tri.

Chohamsé y = f(z) c6 daoham f'(z) = (z +1)(x —2)*(x — 3)’(z +5)* . HAi ham s&

y = f(z) c6 may diém cyc tri?

A2 B.3 C4 D.5
Huéng dan gidi:

f'(x) d6idaukhi x chayqua —1 va 3 nénham s6 cd 2 diém cuc tri.

1
Cho ham s y = (x2 - 2x)3 . Khang dinh nao sau day la ding?

A. Ham s8 khéng ¢ diém cuc tri. B. Ham sd dat cyc daitai z =1 .
C. Ham s6 dat cyc tiu tai z = 1. D. Ham s8 c6 ding 2 diém cuec tri.
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Hwéng dan giai:
XD D = (—o0;0) U (2;+00)

2

1 _Z
y'= 5(51:2 —2x) *(2z —2)
y' khéng ddi dau trén cac khoang xéc dinh nén ham sé khéng cé cuc tri.

CaAu 16. Chohamss y = —x” + 32° + 62 . Ham s6 dat cyc tri tai hai diém T, z, . Khi do gid tri

biéuthire S = 27 + 2, bing:

A. 8. B.-8. c.10. D. -10.
Huéng dan gidi:

D=R

y'=-32" +6x +6

Phuong trinh ' = 0 lu6n c6 hai nghiém phén biét z ,z, va y' d6i dau khi o chay qua

T, T, nén ham s6 dat cuc tritai z,,.

2
_ .2 2 _ . B
S—ml + 1, —(:1:1+372) 2r,z, =8

Phuong phap tric nghiém:

x=1+V3 >4
Budrc 1: Giai phuong trinh bac hai : —3x” +6x+6 <

x=1-\3>B

Buéc 2: Tinh 4>+ B> =8

Caiu 17. Chohams8 y = f(z) cé dao ham trén R . Khang dinh nao sau day la dung?

A. NE&u ham sé dat cuc tri tai , thidao ham d&i ddu khi z chay qua z, .
B. Néu f'(x,) = 0 thi ham s8 dat cuc tritai 7 .

C. Néu dao ham déi dau khi = chay qua z, thi ham s6 dat cuc tiéu tai z, .
D.Néu f'(x,) = f"(z,) = O thi ham s6 khéng dat cuc tritai 2, .

Cau 18. Choham s y = f(z). Khdng dinh nao sau day la ding?
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A. Néu ham s6 dat cuc tri tai z;, thi ham s6 khong c6 dao ham tai x; hodc f'(a:O) =0.
B. Hams6 y = f(v) datcyctritai z, thi f'(z,) =0 .

C. Hams6 y = f(z) datcyctritai 7, thind khong cé dao ham tai T, .
D.Hams6 y = f(x) datcyctritai z, thi f"(azo) >0 hoic f”(xo) <0.

Cau 19. Chohamsd y = f(x) xdc dinh trén [a,b] va dat cyc dai, cuc ti€u [an luot tai
X, X, €la,b] .

Khang dinh nao sau day 1a dang?

A. Néu ham s8 dat cuc tritai z, thi ham s6 khong cé dao ham tai ; hodc f'(:vo) =0.

o)

. Hims6 y = f(x) dat cuc tri tai z, thi f'(xo) =0.

@]

. Ham s8 y = f(x) dat cuc tri tai z, thi n6 khong co dao ham tai z, .
D.Hams6 y = f(z) datcuctritai z, thi f"(x,) <0 hodc f"(z,) >0 .

Cau 20. Chohamsé y = f(z).Khdng dinh nao sau day la dang?

A. Ham s6 y=ax4+bx2+c voi a#0 ludn co cuc tri.

B. Néuhamsé y = f(x) khong cé cuc tri thi phuong trinh f'(x) =0 vé nghiém.

@]

. Ham s6 y = f(x) 6 dang hai diém cuec tri thi ham s8 d6 13 ham béac ba.
D.NEuhamsé y = f(z) cégidtricwcdaila M ,gidtricyctiéula m thi M >m .

Caiu 21. Ham s6 bac ba cd thé cé bao nhiéu diém cuyc tri?
A. 0 hoac 2. B. 1 hoac 2.

C. 0 hoac 1 hodc 2. D. 0 hodc 1.
Huéng dan gidi:

Ham s8 bacba: y = az® + b2’ + cz +d,(a # 0) c6TXD: D =R
y' = 3az’ +2bx + ¢

A'=b" - 3ac

Néu A' <0 thi y' khéng ddiddutrén R nén ham sé khdng cé cuc tri.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




